INTRODUCTION
In this paper we study, in an abstract setting, the solvability of a nonlinear integro-differential equation of Volterra type with implicit derivative like:
,1 x'(t)= k t,s f s,x s ,x' s ds, x = t   (1)
We will look for solutions of these equations in the Banach space of all real C 1 functions which are defined in the real interval [0, 1] . Equation (1) is a special case of integro-differential equation. It is well known that the theory of integro-differential equations has been emerging as an important area of investigation in recent years and has been developed very rapidly due to the fact that such equations find a wide range of applications modelling adequately many real processes observed in physics, chemistry, biology, and engineering (see, e.g., [1] , [2] , [3] , [4] , [5] , [6] and the recension therein). Particularly, the integro-differential equations are involved through modelling in the framework of heat flow in material, kinetic theory, electrical engineering, vehicular traffic theory, biology, queuing theory, population dynamics, control theory, mathematical economics, mechanics. For example, Balachandran and Somasundaram (see [2] ) proved an existence theorem for the optimal control of nonlinear system having an implicit derivative with quadratic performance involving an integrodifferential term also by using the same method of functional analysis, i. e. a fixed point theorem. The integro-differential equations have been studied in various papers with the help of several tools of functional analysis, topology and fixed point theory. For instance, we can refer to [1] , [2] , [4] , [5] , [6] , [7] . So, the crucial key of our approach in order to find solutions of equation (1) consists in the use of a very useful fixed point theorem for multivalued, compact, uppersemicontinuous maps, with acyclic values in a Banach space.
PRELIMINARIES AND NOTATIONS
Let B = C , where is an acyclic set, i.e. it is acyclic with respect to any continuous theory of cohomology (see for instance [8] ). Let M be a closed and nonempty subset of B and let T : M  B be a compact mapping. Let T n : M  B be an (see [9] ). The well-known Gronwall Lemma, from the standard theory of Ordinary Differential Equations, will be used. 
u(t) g(t)+ v(s)u(s)ds , t J  
, then we have:
The following proposition can be deduced from Theorem 1 of [10] and it will be useful in the sequel. 
MAIN RESULT
We want to deal with the existence of solutions of integro-differential equation (1) . The following theorem holds.
Theorem:
Assume that the following conditions hold: 
the following inequality holds: (1) , then the last inequality holds. Moreover, we have: is an acyclic set. Consider the following integral equation:
Thus, we have
, then the equation (4) can be written in the following way: 
(see [9] ). Let H n : C  C 1 (J, ℝ n ) be the operator defined as follows:
The operator H n defined in (7) is a compact operator for every natural number n. Moreover, we have: (4) is an acyclic set.
EXAMPLE
Let us consider the following integro-differential equation with implicit derivative: Then we can say that the conditions of our theorem are satisfied and that the equation (8) admits at least one solution.
